If a system 2 p ,d of characteristic x is subjected to a Cremona transformation C with J^-points at the base points of 2, 2-»2^i tf whose characteristic x' at the JF-points of C"" 1 is given by:
Here c is the characteristic of the homaloidal net of C"" 1 and the/* are the characteristics of the P-curves of this net. Thus proper characteristics c of £ = 0, d = 2 and proper characteristics ƒ of p=d = 0 play a central role in the theory and will be prominent in this article. The collection of all transformations L for a given p forms a group, G p . G p is generated by transformations L for which c is of type (2; 11,10 • • • 0), and for any L£G P the forms (xx), (lx) and (xy) are invariant.
In this paper attention is restricted to characteristics of #o>0, and p è 0 and d è 0. We shall designate this as property A and obtain inequalities implied by (1) and property A. The inequalities are interesting in themselves and lead to a criterion for distinguishing proper characteristics.
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1 Numbers in brackets refer to the references cited at the end of the paper. Since(tf#) ~d+p-~l â -1, it maybe shown that x^x^i -1, • • *,p. Indeed, set Xi=x 0 --a in (##) è -1:
Since #o is a positive integer, a may not be negative. Thus the integers au #2, #8 * n tfi^^o -ai, ^2=^o -02, #3 = #0 -03 are non-negative. Substituting these in the quadratic relation yields:
.2222 2 -2#o + 2#o(#i + 02 + #3) -01 ""-02 -08 """ #4 -* * ' ~^è -1. it follows that (fx f )^0 for all proper/. Since these include (0; O^"" 1 -1), it follows as before that xî â 0. Theorem 2 asserts that xó > 0.
The following important result is now easily established : This result has been conjectured much earlier and indeed was proved [4] by the writer, but the proof given on that occasion was quite elusive and unsatisfactory. Fragmentary results indicate that Theorem 5 has other important applications to cases where a generalization of Noether's inequality is possible. It would be desirable to avoid the restriction p+d>0. It is possible that Theorem 5 might still be true if one removed this restriction and added at the end of the theorem "or else x' is of the type (0; 0, • • • , 0, -1)."
